In this paper, we prove the Kolmogorov-Stein inequality for norms generated by concave functions (with the same constants).
This result has been extended by Stein [2] to Lp-norm and by Ha Huy Bang [3] [4, 5] and their references).
In this paper, modifying the methods of [2, 3] we prove this inequality for another norm generated by concave functions. Note that the Orlicz norm is generated by convex functions and here we must overcome some essential difficulties because of the difference between the convex and concave functions. 
Then M is a Banach space, too [6, 7] .
We have the following results [6] :
LEMMA If E, there is an isometric order-preserving isomorphism J: M N, (of 
LEMMA 2 Ne. Then f(k)(x) Nefor all 0 < k < n and
Proof We begin to prove (1) with the assumption that f(k)(x) Ne, 0<k<n.
By virtue of Lemma 1, it is clear that N Me, and iffE Ne, g Me
Therefore, since Ilxllx-Ilxll** for any normed space X [9, p. 1131,
Let e > 0. We choose a function h(x) Me such that IlhllMo and
where the last equality holds because of (2) and the definition Then F(x)E Lo(R), and arguing as in [3] we get
f(r) (x + y)h(y)dy, 0 <_ r < n (4) in the distribution sense.
For all x E R, clearly 
Combining (6), (7), we have
Then it is known that [8, p. 
On the other hand,
Combining (8) By letting e 0 we have (1) .
To complete the proof, it remains to show that f(k) E Ne, 0 < k < n iff, f(n) N. IIf(n) 
we get that, for any 0 < k <_ n, the sequence {f(k)} is bounded in Now we prove that, for any 0 < k _< n, there exists a subsequence, which is weakly convergent to some gk 6 Ne. We will show, for example, the fact that f is weakly convergent to fby contradiction: Assume that for some e0 > 0, g Me and a subsequence Ak 0,
Then, it is known thatfa f, A 0 in Ll,loc(R). Therefore, there exists a subsequence {km} (for simplicity we assume that km m) such that
On the other hand, {fak} is bounded in Ne because of II/ IINo --< IlfllN" So {fa} is a weak precompact sequence. Therefore, there exists a subsequence, denoted again by {fa}, and a functionf. 
By an argument similar to the previous one, we get f(x) f, (x) a.e.
Therefore, f (x)v(x) dx f (x)v(x) dx because of (12), which contradicts (11).
Finally, it follows from weak convergence faf that for any v (f})(x), p(x)) (--1)k(fa(x)p(k)(X)) (--1)(f(x), p(k)(x)) (f()(X), p(X)).
